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pPé 1l

Céu I: Cho ham sé y = —x +1+2i (Cm)

1. Khéo sat va v& d thi ham s6 véi m = 1
2. Tim m d& d6 thi (Cm) c6 cuc dai tai diém A sao cho tiép tuyén véi (Cm)
tai A cét truc oy tai B ma AOBA vudng can.
Cau II:

. sin2x  cos2x
1. Giai phuong trinh: +— = tgx —cot gx

cosX  sinx

2. Tim m dé phuong trinh : Vx*=13x+m +x—-1=0 co ding 1 nghiém
Cau III: Trong khong gian Oxyz cho cac diém A(2,0,0); M(0,-3,6)
1. Chting minh rang mit phéng,(P): x+2y-9=0 tiép xtic vGi miat cau tim
M, ban kinh MO. Tim toa d¢ tiép diém.
2. Viég phuong trinh mét phiang (Q) chira A, M va cit cac truc Oy, Oz tai
cac diém tuong tng B, C sao cho Voapc = 3.
CaulV:
1. Trong mit phang toa do Oxy, tinh dién tich hinh phang gi6i han bdi cac

duongy=x"va y=v2-x> .
2
X+ x4y
Ux?=2x+9

2xy

Y+ —
y? -2y +9

Céau Va (cho chuwong trinh THPT khong phdan ban):

1. Tim hé sb cua x® trong khai trién (x* + 2)", biét: A’ —8C2 +C! =49

2. Cho duong tron (C): x>+ y2 —2x + 4y + 2 = 0. Viét phuong trinh duong
tron (C') tim M(5, 1) biét (C") ¢t (C) tai céc diém A, B sao cho AB=+/3 .
Céau Vb (cho chwong trinh THPT phdan ban):

2. Giai hé phuong trinh:
=y’ +x

1. Giai phuong trinh: (2 —log, x)log,, 3 - _ 1
I-log; x



2. Trong mit phang (P) cho nira dudng tron dudng kinh AB =2R va diém

C thudc nura duong tron d6 sao cho AC = R. Trén duong thang vuong goc
r 2 /\ 1

voi (P) tai A lay diém S sao cho (SAB,SBC)=60°. Goi H, K lan luot la

hinh chiéu cta A trén SB, SC. Chtrng minh AAHK vuoéng va tinh Vgapc?

Bai giai
Cau l:

Cox Al X 1
1. Khao sat va vé do thi ham s6 y:—x+1+2
- X

(Ban doc ty lam)

m _—X2+4x+m—4
@-xf  (-xF
V=0 x*+4x+m-4=0=Q2-x)"=m (x#2) (¥
Dé d6 thi (Cm) c6 cuc dai
<> phuong trinh (*) c6 2 nghiém phin bié¢t#2 < m>0
Khidéy' =0 x,=2—-+/m, x, =2++/m , ta co:
X |—o0 X1 2 X +o0
y' 0 + + 0 —

yﬂo\c_r/JrOO 700/CD\%

= Piém cyc dai A2 + \/E,—l—2\/g)
Phuong trinh tiép tuyén véi (Cm) tai diém CP A c6 phuong trinh:

y=-1-2Vm, do do 013:‘—1—2\/5‘=1+2\/E

AB=X,=2++Jm (viB e Oy = x3=0)

AAOB vudng cin < OB=BA < 1 +2Vm =2+ Vm om=1
Cach khac:

_x2—3x+2+m ax’ +bx+c

codang y=— voia. A <0
ED Ax+B

Do d6, khi ham c¢6 cuc tri thi Xct < Xcp

= XCD:XZ:Z-I—\/E VéyCD: 2X21_3:—1 —2\/6

2. Taco: y'=—1+




Cau I1:

s . sin2x  cos2x
1. Giai phuong trinh: +—
cosX  sinx

=tgx —cotgx (1)

COS2XCOSX +sin2xsinXx sinX COSX
(< = -

sin X cos X COSX
cos(2x —x) sin*x —cos’ x
& — =—
sin X cos X sin X cos X
<> COSX =—C0S2X A sin2x #0

sin x

< 2cos’x+cosx—1=0Asin2x =0
<:>cosx:5 (cosx=—1:oai vi sinx #0)

T
S x=t—+Kk2n

2. Phuong trinh: Vx*=13x+m+x-1=0 (1)

(1) <Vx*-13x+m=1-x

x<1 x <1
= =
)(4—13)(+m=(1—x)4 45 —6x> —9x—1=-m

ycbt < duong thing y = —m cét phan db thi f(x) = 4x° — 6x° — 9x — 1 véi
x <1 tai 1 diém

f(x) = 4x’ — 6x* - 9x — 1
TXDP:x<1
fi(x) = 12x> — 12x — 9 = 3(4x* — 4x — 3)

f(X)=O<:>4X2—4x—3=O<:> X=—l\/X=3

2
X |—o0 _1/2 1 _3/2 400
f + 0 - g//F
Cb +o0

Tir bang bién thién ta co:

ycbt<:>—m=% hay—m<—12<::>m=—E haym >12



Cau I1I:

1. Theo gia thiét A(2,0,0) M(0,-3,6) 0(0,0,0)
Ban kinh mit cdu R = MO =4/(-3)* +62 =34/5
Khoang cach tir tim M ciia mit cau dén mit phang (P): x +2y —9 =0

_|0 6— 9|_15 _3/5-R

55

Vay (P) tiép xtic vi mit cau tim M ban kinh MO
Phuong trinh dudng thing d qua M va vudng goc voi mit phang (P) 1a:

X_y+3 X =t
1 2 & y——3+2t (teR)
=6

z=6

Thé vao phuong trinh (P) ta co: t +2(2t—3)—9=0=1t=3
Vay toa do tiép diém I cia mat ciu voi mat phfmg (P)1at(3,3,6)

2. Goi b la tung d6 cua B, c 1a cao do cua diém C

Vi A(2,0,0) € Ox nén phuong trinh (Q): % + % +Z21
C

Ta c6 M(0,-3,6) € mat phing (yOz) nén: — % + 6 =1<6b-3c=bc (1)
c

b
Ta lai co VOABC—;OASOBC:__|b|—M:3
= |be[=9 ()
\ \ , b :9 b :_9
Tu (1) va(2)tacod {6‘;—3c=9hay{6lc)—3c:—9
b 3
< b=c=3hay{" "~ 5
c=-6

Viy ¢6 2 mat phing (Q) c6 phuong trinh la: %-1— % + % =1



CaulVv:
>0
1. Taco: y=+2-x" & y2
x> +y? =2

La nira duong tron tim O, ban kinh R =+/2, c6y > 0
2-x?

Phuong trinh hoanh d6 giao diém cia 2 duong y = x* va y
2-x* & x=41; x*va khix [-L;1] thi v2-x* > x°

Do do ta co

S= I(ﬂ—x}lx—j 2 x2dx - szx

-1

I—j\/ﬁdx Pit: x = +/2 sint (te[ ggD

:dxzx/acostdt x:—lzt:—g;x:lztzg

4 4
I, = J.\/2—2sin2t.\/§costdt: J.\/Ecost.\/icostdt

4 4

4
I, =2J.cos2 tdt =

4

(1+cos2t)dt = t+lsin2t oo E+l
2 n 4 2

e~ [ 3

& |

a3

(1+cos2t)dt

SR S ]

(1+cos2t)dt =2

;"—;Jk\:l

(Nhan xét : 1, =

~

Vi f(t) = 14 cos2t 1a ham chan)

I, _j x2dx = 2j 2dx-§

-1



Vay s=2 T4 L2227 2o b Gvany
4°2) 3 2 3 23

1 1
(Nhan xét : S= I(\/2-X2 —XZ)dXIZJ.(\/Q—Xz —xz)dx
-1 0

Vi g(x) = ¥2-x*> —x* 1a ham chén)

X+L=x2+y )]
Ux? =2x+9
2. H¢ phuong trinh 2xy
2
Yt ——=y +x (2)
Ay? =2y +9
Tt h¢ suy ra:
1 1 2, 2
VT =2xy =x"+y =VP

2 + 2

Yx=17+8 (y-1) +8

D@ thdy |VT| < 2|xy| < x* + y> = VP

1 1

( +

3\/(x—1)2+8 3\/(3’—1)2+8
TacOé VI=VP < x=y=1hayx=y=0

Thir lai, két luan hé phuong trinh ¢6 2 nghiém

x=y=1hayx=y=0

<1 va déu = xay )

Cau Va:
1. Piéukiénn >4
Ta co: (x? +2) = Zn:cﬁx”‘z"—k
k=0
Hé sb cua s6 hang chira x 1a Cﬁ2“‘4
Tacod: A —8C: +C. =49
S m-2)(n—1)n—-4(n-1)n+n=49
onr-T’+M-49=0=0n-7)0*+7)=0=n=7

Nén hé s6 ctia x* 1a C32° =280



2. Phuong trinh dudng tron (C): x> + y* — 2x + 4y + 2 = 0 ¢6 tam I(1, —2)

R=43

Puong tron (C') tim M cit duong tron (C) tai A, B nén AB L IM tai
ap_3

trung diém H cua doan AB. Taco AH=BH = TR

C6 2 vi tri cho AB d6i xtng qua tim 1.
Goi A'B' 14 vi tri thir 2 cia AB
Goi H' 1a trung diém cua A'B'

Taco: [H'=1H =+ IA? —AH? = /

Taco: MI=y/(5-1) +(1+2)’ =5

va MH=MI-HI=5- %

oW

MH':MI+H'I:5+§:E
2 2

Taco: R? =MA? = AH?> + MH” = j 449 542 13

R; ZMA'2=A'H'2+MH'2:%+$=%=43

Vay c6 2 duong tron (C') théa yebt 1a: (x — 5)* + (y — 1)* =13
hay (x — 5)* + (y — 1)* =43

Céu Vb:
1. Phuong trinh: (2—1og3x)1oggx3—L=1 (1)
1-log; x

1 4
log;9x 1-1log;x

(1) & (2-log;x)

2-logs X _ 4 =1 dat: t=logsx
2+logsx  1-logyx

(1) thanh 2=~ % 1o 3t—4=0
2+t 1-t




(vit=-2,t=1 khong la nghiém)
< t=-lhayt=4

Do do, (1) < log, x =—1 hay x:4c>x:§hayx=81

2. * Chtrng minh AAHK vuong
Taco: AS 1L CB
AC L CB (AACB nbi tiép ntra dudng tron)
= CB L (SAC) = CB L AK
ma AK 1 SC = AK 1 (SCB)
= AK 1 HK = AAHK vudng tai K
* Tinh Vgapc theo R
Keée CI L AB
Do gia thiét ta c6 AC =R = OA = OC = AAOC déu
= [A=10= R
2
Ta c6 SA L (ABC) nén (SAB) L (ABC) = CI L (SAB)
Suy ra hinh chiéu vuéng goc ctia ASCB trén mit phiang (SAB) 1a ASIB

Vi Bl = %AB. Suy ra Sqz = %SSAB =%.R.SA (%)

Ta ¢6: Sgpe = %BC.SC = %R\/E NSA? +R?

Theo dinh ly vé dién tich hinh chiéu ta co:

Sip = Sgpc-€0s60° = %SSBC = RT\/E\/SAQ +R* (%)

R
Tu (), (**) ta cd: SA=—
(%), (%) NG
3
T d6 Vgape =lSA.thABC = R'V6
3 12
@

HA VAN CHUONG - PHAM HONG DANH
(Trung tdm Boi dwong van hoa va Luyén thi dai hoc Vinh Vién)



